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Abstract − In the present paper, we introduce a new type of Pell and Pell-Lucas
numbers in terms of non-Newtonian calculus, which we call non-Newtonian Pell and non-
Newtonian Pell-Lucas numbers, respectively. In non-Newtonian calculus, we study some
significant identities and formulas for classical Pell and Pell-Lucas numbers. Therefore,
we derive some relations with non-Newtonian Pell and Pell-Lucas numbers. Furthermore,
we investigate some properties of non-Newtonian Pell and Pell-Lucas numbers, including
Catalan-like identities, Cassini-like identities, Binet-like formulas, and generating functions.
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1. Introduction

Between 1967 and 1970, Grossman and Katz [1] introduced novel definitions for derivate and integral,
which involved replacing addition and subtraction with multiplication and division. This development
led to the establishment of a new family of calculi called non-Newtonian calculus [1, 2]. There exists
an infinite number of non-Newtonian calculi. Examples of such calculi include geometric calculus,
bigeometric calculus, anageometric calculus, harmonic calculus, and quadratic calculus [2–4]. The
non-Newtonian calculi offer alternative approaches to the classical calculus of Newton and Leibniz.
Every property in classical calculus has a corresponding property in non-Newtonian calculus, allowing
for a different approach to problems that can be solved using appropriate calculus.

The non-Newtonian calculi provide diverse mathematical tools and are widely used in various fields,
including science, mathematics, and engineering. The use of non-Newtonian calculus has numerous
practical applications in multiple areas, such as quantum calculus, functional analysis, complex anal-
ysis, fractal geometry, differential equations, calculus of variations, image analysis, signal processing,
and economics, for instance, see [5–21].

On the other hand, there has been significant attention in the literature towards examining integer
sequences and their utilization in different scientific fields. Many researchers have been interested in
integer sequences, particularly Fibonacci and Lucas sequences [22–24]. Following the Fibonacci and
Lucas sequences, the Pell and Pell-Lucas sequences [25–27] have been extensively researched - several
studies in the literature concern the Fibonacci, Lucas, Pell, and Pell-Lucas sequences. In many of
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the studies, it is observed that these sequences have been examined from different perspectives, for
instance, see [28–41]. In particular, these sequences have been generalized by many authors in many
ways as seen in [28–31, 33, 34, 37, 41]. Some of these generalizations have been done by changing
the initial conditions, some by changing the recurrence relations, and others by changing both the
initial conditions and recurrence relations. However, more recently, Değirmen and Duyar [42] have
generalized the Fibonacci and Lucas numbers in a different way. The authors have combined the
Fibonacci numbers, Lucas numbers and non-Newtonian real numbers, and introduced a new version
of Fibonacci and Lucas numbers, called non-Newtonian Fibonacci and non-Newtonian Lucas numbers.
Moreover, they have examined some properties of these numbers.

This paper extends the ideas explored in [42] to Pell and Pell-Lucas numbers. In a word, the main
objective of this paper is to introduce and study non-Newtonian Pell and non-Newtonian Pell-Lucas
numbers. In order to accomplish this, it is necessary to have some prior understanding of non-
Newtonian calculus and Pell and Pell-Lucas numbers.

2. Preliminaries

This section provides some basic notions to be needed for the following section. Arithmetic refers
to a system that meets all the axioms of an ordered field, with its domain being a subset of the
real numbers. A generator α is a function that maps real numbers to a subset of real numbers in a
one-to-one manner. Rα symbolizes the range of generator α. Here, Rα = {α(x) : x ∈ R} is a set of
non-Newtonian real numbers. As a generator, if α = I, where I is the identity function whose inverse
is itself, then α generates the classical arithmetic. As a generator, if α = exp (exponential function),
where, for Rexp = R+,

α : R → Rexp, α(x) = ex = y

and

α−1 : Rexp → R, α−1(y) = ln y = x

then α generates the geometric arithmetic [1].

Let α be a generator with range A = Rα, which is a subset of the real numbers. For any generator α,
when we refer to α-arithmetic, we mean the arithmetic whose domain is A and whose operations are
defined as follows:

α − addition x+̇y = α
{

α−1(x) + α−1(y)
}

α − subtraction x−̇y = α
{

α−1(x) − α−1(y)
}

α − multiplication x×̇y = α
{

α−1(x) × α−1(y)
}

α − division x/̇y = x

y
α = α

{
α−1(x)
α−1(y)

}
, (y ̸= 0̇)

α − order x<̇y ⇐⇒ α−1(x) < α−1(y)

where x, y ∈ A = Rα [1]. For α = exp, α-arithmetic reduces to the geometric arithmetic:

geometric addition x+̇y = α
{

α−1(x) + α−1(y)
}

= e{ln x+ln y} = x.y

geometric subtraction x−̇y = α
{

α−1(x) − α−1(y)
}

= e{ln x−ln y} = x

y
, (y ̸= 0)
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geometric multiplication x×̇y = α
{

α−1(x) × α−1(y)
}

= e{ln x×ln y} = xln y = yln x

geometric division x/̇y = x

y
α = α

{
α−1(x)
α−1(y)

}
= e

{
ln x
ln y

}
= x

1
ln y , (y ̸= 1)

Let x ∈ Rα. If x>̇0̇, then x is a α-positive number, and if x<̇0̇, then x is a α-negative number.
Moreover,

α(−x) = α(−α−1(ẋ)) = −̇ẋ, .
√

x = α(
√

α−1(x))

and

x2̇ = x×̇x = α
{

α−1(x) × α−1(x)
}

= α((α−1(x))2)

see [1]. In addition, the α-summation can be given as [16]:
n

α

∑
k=1

xk = α

(
n∑

k=1
α−1(xk)

)

and the non-Newtonian real series (or α-series) is given as [12]:
∞

α

∑
n=1

an = a1+̇a2+̇a3+̇ . . . +̇an+̇ . . .

In this paper, we will consider the Pell and Pell-Lucas numbers. The sequence of Pell numbers is
defined recursively by the relation

Pn = 2Pn−1 + Pn−2, n ≥ 2 (2.1)

with initial conditions P0 = 0 and P1 = 1 [25,26]. The Pell numbers are

0, 1, 2, 5, 12, 29, 70, 169, 408, 985, 2378, . . .

Besides, the sequence of Pell-Lucas numbers is defined recursively by the relation

Qn = 2Qn−1 + Qn−2, n ≥ 2 (2.2)

with initial conditions Q0 = Q1 = 2 [25]. The Pell-Lucas numbers are

2, 2, 6, 14, 34, 82, 198, 478, 1154, 2786, 6726, . . .

The Binet formulas of the Pell and Pell-Lucas numbers are given by

Pn = r1
n − r2

n

r1 − r2
(2.3)

and

Qn = r1
n + r2

n (2.4)

respectively, where r1 = 1 +
√

2 and r2 = 1 −
√

2 [25, 26]. Furthermore, for Pell and Pell-Lucas
numbers, the followings hold [25–27,37]:

Pn + Pn−1 = 1
2Qn (2.5)

Pn+1 + Pn−1 = Qn (2.6)

Qn + Qn−1 = 4Pn (2.7)

Qn+1 + Qn−1 = 8Pn (2.8)
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PnQn = P2n (2.9)

P 2
n+1 + P 2

n = P2n+1 (2.10)

P 2
n+1 − P 2

n−1 = 2P2n (2.11)

Q2
n+1 + Q2

n = 8P2n+1 (2.12)

8P 2
n − Q2

n = 4(−1)n−1 (2.13)

P 2
n − Pn+rPn−r = (−1)n−rP 2

r (2.14)

Q2
n − Qn+rQn−r = 8(−1)n−r+1P 2

r (2.15)

Pn−1Pn+1 + Qn−1Qn+1 = 9P 2
n + 3(−1)n−1 (2.16)

Pm−1Pn + PmPn+1 = Pm+n (2.17)

Pm−1Qn + PmQn+1 = Qm+n (2.18)

and summation formulas
n∑

r=1
Pr = Pn+1 + Pn − 1

2 (2.19)

n∑
r=1

P2r = P2n+1 − 1
2 (2.20)

n∑
r=1

P2r−1 = P2n

2 (2.21)

n∑
r=1

Qr = Qn+1 + Qn − 4
2 (2.22)

n∑
r=1

Q2r = Q2n+1 − 2
2 (2.23)

n∑
r=1

Q2r−1 = Q2n − 2
2 (2.24)

3. Main Results

Let Pn and Qn be the nth Pell and Pell-Lucas numbers, respectively. For n ≥ 0, the nth non-Newtonian
Pell and Pell-Lucas numbers are defined as

NPn = Ṗn = α(Pn) (3.1)

and

NQn = Q̇n = α(Qn) (3.2)

respectively.
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The non-Newtonian Pell numbers are

0̇, 1̇, 2̇, 5̇, 1̇2, 2̇9, 7̇0, ˙169, ˙408, ˙985, ˙2378, . . .

and the non-Newtonian Pell-Lucas numbers are

2̇, 2̇, 6̇, 1̇4, 3̇4, 8̇2, ˙198, ˙478, ˙1154, ˙2786, ˙6726, . . .

If we choose α-generator as I, the identity function defined by α(x) = x for all x ∈ R, then we obtain
Pell and Pell-Lucas numbers relating to classical arithmetic, respectively.

Moreover, if we choose α-generator as exp, the exponential function defined by α(x) = ex for all x ∈ R,
then we obtain Pell and Pell-Lucas numbers relating to geometric arithmetic as

e0, e1, e2, e5, e12, e29, e70, e169, e408, e985, e2378, . . .

and

e2, e2, e6, e14, e34, e82, e198, e478, e1154, e2786, e6726, . . .

respectively.

Theorem 3.1. For n > 0, let NPn and NQn be the nth non-Newtonian Pell and Pell-Lucas numbers,
respectively. Then, the followings hold:

2̇×̇NPn+1+̇NPn = NPn+2 (3.3)

2̇×̇NQn+1+̇NQn = NQn+2 (3.4)

NPn+1+̇NPn−1 = NQn (3.5)

NQn+1+̇NQn−1 = 8̇×̇NPn (3.6)

NQn+̇NQn+1 = 4̇×̇NPn+1 (3.7)

NPn+̇NPn−1 = 1̇
2̇α×̇NQn (3.8)

NPn×̇NQn = NP2n (3.9)

Proof. (3.3): From the addition and multiplication properties of non-Newtonian real numbers and
(2.1),

2̇×̇NPn+1+̇NPn = α(2)×̇α(Pn+1)+̇α(Pn)

= α
{

α−1α
{

α−1α(2) × α−1α(Pn+1)
}

+ α−1α(Pn)
}

= α (2Pn+1 + Pn)
= α(Pn+2)
= NPn+2

(3.8): From the addition, multiplication, and division properties of non-Newtonian real numbers and
(2.5),
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NPn+̇NPn−1 = α(Pn)+̇α(Pn−1)

= α
{

α−1α(Pn) + α−1α(Pn−1)
}

= α (Pn + Pn−1)

= α

(1
2Qn

)
= α

{
α−1α

(1
2

)
× α−1α(Qn)

}
= α

(1
2

)
×̇α(Qn)

= 1̇
2̇α×̇NQn

Using the addition and multiplication properties of non-Newtonian real numbers, (2.2) and (2.6)-(2.9),
the assertions given in (3.4)-(3.7), and (3.9) can be obtained in a similar manner.

Theorem 3.2. For n > 0, let NPn and NQn be the nth non-Newtonian Pell and Pell-Lucas numbers,
respectively. Then, the followings hold:

NP 2̇
n+1+̇NP 2̇

n = NP2n+1 (3.10)

NP 2̇
n+1−̇NP 2̇

n−1 = 2̇×̇NP2n (3.11)

NQ2̇
n+1+̇NQ2̇

n = 8̇×̇NP2n+1 (3.12)

8̇×̇NP 2̇
n−̇NQ2̇

n = 4̇×̇(−̇1̇)ṅ−̇1̇ (3.13)

Proof. We prove (3.13). Considering (2.10)-(2.12), (3.10)-(3.12) can be similarly obtained. From the
addition, subtraction, and multiplication properties of non-Newtonian real numbers and (2.13),

8̇×̇NP 2̇
n−̇NQ2̇

n = α(8)×̇α(Pn)×̇α(Pn)−̇α(Qn)×̇α(Qn)

= α
{

α−1α(8) × α−1α(Pn) × α−1α(Pn)
}

−̇α
{

α−1α(Qn) × α−1α(Qn)
}

= α
(
8P 2

n − Q2
n

)
= α

(
4(−1)n−1

)
= α(4)×̇α

(
(−1)n−1

)
= α(4)×̇

n−1 times︷ ︸︸ ︷
α(−1)×̇α(−1)×̇ . . . ×̇α(−1)

= 4̇×̇
n−1 times︷ ︸︸ ︷

(−̇1̇)×̇(−̇1̇)×̇ . . . ×̇(−̇1̇)

= 4̇×̇(−̇1̇)ṅ−̇1̇

Theorem 3.3. For m, n > 0, the followings are true.

NPm−1×̇NPn+̇NPm×̇NPn+1 = NPm+n (3.14)

NPm−1×̇NQn+̇NPm×̇NQn+1 = NQm+n (3.15)
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NPn−1×̇NPn+1+̇NQn−1×̇NQn+1 = 9̇×̇NP 2̇
n+̇3̇×̇(−̇1̇)ṅ−̇1̇ (3.16)

Proof. (3.14): From the addition and multiplication properties of non-Newtonian real numbers and
(2.17),

NPm−1×̇NPn+̇NPm×̇NPn+1 = α(Pm−1)×̇α(Pn)+̇α(Pm)×̇α(Pn+1)

= α
{

α−1α(Pm−1) × α−1α(Pn)
}

+̇α
{

α−1α(Pm) × α−1α(Pn+1)
}

= α (Pm−1Pn + PmPn+1)
= α (Pm+n)
= NPm+n

From the addition and multiplication properties of non-Newtonian real numbers and (2.18), the as-
sertion given in (3.15) can be easily obtained.

(3.16): From the addition and multiplication properties of non-Newtonian real numbers and (2.16),

NPn−1×̇NPn+1+̇NQn−1×̇NQn+1 = α(Pn−1)×̇α(Pn+1)+̇α(Qn−1)×̇α(Qn+1)

= α
{

α−1α(Pn−1) × α−1α(Pn+1)
}

+̇α
{

α−1α(Qn−1) × α−1α(Qn+1)
}

= α (Pn−1Pn+1 + Qn−1Qn+1)

= α
(
9P 2

n + 3(−1)n−1
)

= α(9)×̇α(Pn)×̇α(Pn)+̇α(3)×̇α
(
(−1)n−1

)
= 9̇×̇NP 2̇

n+̇3̇×̇(−̇1̇)ṅ−̇1̇

The next result provides the Catalan-like identities for the non-Newtonian Pell and Pell-Lucas
numbers.

Theorem 3.4. For non-negative integers n and r such that r ≤ n, the followings are true.

NP 2̇
n−̇NPn+r×̇NPn−r = (−̇1̇)ṅ−̇ṙ×̇NP 2̇

r (3.17)

NQ2̇
n−̇NQn+r×̇NQn−r = 8̇×̇(−̇1̇)ṅ−̇ṙ+̇1̇×̇NP 2̇

r (3.18)

Proof. From the subtraction and multiplication properties of non-Newtonian real numbers and (2.14),

NP 2̇
n−̇NPn+r×̇NPn−r = α(Pn)×̇α(Pn)−̇α(Pn+r)×̇α(Pn−r)

= α
{

α−1α(Pn) × α−1α(Pn)
}

−̇α
{

α−1α(Pn+r) × α−1α(Pn−r)
}

= α
(
P 2

n − Pn+rPn−r

)
= α

(
(−1)n−rP 2

r

)
= (−̇1̇)ṅ−̇ṙ×̇NP 2̇

r

which completes the proof of the first assertion. From the subtraction and multiplication properties
of non-Newtonian real numbers and (2.15),
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NQ2̇
n−̇NQn+r×̇NQn−r = α(Qn)×̇α(Qn)−̇α(Qn+r)×̇α(Qn−r)

= α
{

α−1α(Qn) × α−1α(Qn)
}

−̇α
{

α−1α(Qn+r) × α−1α(Qn−r)
}

= α
(
Q2

n − Qn+rQn−r

)
= α

(
8(−1)n−r+1P 2

r

)
= 8̇×̇(−̇1̇)ṅ−̇ṙ+̇1̇×̇NP 2̇

r

The next corollary provides the Cassini-like identities for the non-Newtonian Pell and Pell-Lucas
numbers.

Corollary 3.5. For non-negative integers n, the followings are true.

NP 2̇
n−̇NPn+1×̇NPn−1 = (−̇1̇)ṅ−̇1̇

NQ2̇
n−̇NQn+1×̇NQn−1 = 8̇×̇(−̇1̇)ṅ

Theorem 3.6. For positive integer n, the followings hold:
n

α

∑
r=1

NPr = NPn+1+̇NPn−̇1̇
2̇ α (3.19)

n

α

∑
r=1

NP2r = NP2n+1−̇1̇
2̇ α (3.20)

n

α

∑
r=1

NP2r−1 = NP2n

2̇ α (3.21)

n

α

∑
r=1

NQr = NQn+1+̇NQn−̇4̇
2̇ α (3.22)

n

α

∑
r=1

NQ2r = NQ2n+1−̇2̇
2̇ α (3.23)

n

α

∑
r=1

NQ2r−1 = NQ2n−̇2̇
2̇ α (3.24)

Proof. We only prove the first assertion given in (3.19). Using suitable identities provided in (2.20)-
(2.24), assertions given in (3.20)-(3.24) can be obtained similarly. From the addition and division
properties of non-Newtonian real numbers and (2.19),

n

α

∑
r=1

NPr = α

(
n∑

r=1
α−1 (NPr)

)

= α

(
n∑

r=1
α−1α (Pr)

)

= α

(
n∑

r=1
Pr

)
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= α

(
Pn+1 + Pn − 1

2

)
= α(Pn+1)+̇α(Pn)−̇α(1)

α(2) α

= NPn+1+̇NPn−̇1̇
2̇ α

Theorem 3.7. Let NPn and NQn be the nth non-Newtonian Pell and Pell-Lucas numbers, respec-
tively. Then, for n ≥ 0, the Binet-like formulas for these numbers are given by

NPn = ṙ1
ṅ−̇ṙ2

ṅ

ṙ1−̇ṙ2
α (3.25)

and

NQn = ṙ1
ṅ+̇ṙ2

ṅ (3.26)

respectively, where ṙ1 = 1̇+̇ .
√

2̇ and ṙ2 = 1̇−̇ .
√

2̇.

Proof. From the subtraction and division properties of non-Newtonian real numbers,
ṙ1ṅ−̇ṙ2ṅ

ṙ1−̇ṙ2 α = α
(

α−1(ṙ1ṅ−̇ṙ2ṅ)
α−1(ṙ1−̇ṙ2)

)

= α


α−1

(

n times︷ ︸︸ ︷
ṙ1×̇ṙ1×̇ . . . ×̇ṙ1)−̇(

n times︷ ︸︸ ︷
ṙ2×̇ṙ2×̇ . . . ×̇ṙ2)


α−1(ṙ1−̇ṙ2)



= α


α−1

α


n times︷ ︸︸ ︷

α−1(ṙ1)×α−1(ṙ1)× . . . ×α−1(ṙ1)

−̇α


n times︷ ︸︸ ︷

α−1(ṙ2)×α−1(ṙ2)× . . . ×α−1(ṙ2)




α−1(ṙ1−̇ṙ2)


= α

(
α−1(α(r1n)−̇α(r2n))

α−1(ṙ1−̇ṙ2)

)
= α

(
r1n−r2n

r1−r2

)
Thus, from (2.3),

ṙ1
ṅ−̇ṙ2

ṅ

ṙ1−̇ṙ2
α = α(Pn)

= NPn

Moreover, from (2.4),

ṙ1
ṅ+̇ṙ2

ṅ = (
n times︷ ︸︸ ︷

ṙ1×̇ṙ1×̇ . . . ×̇ṙ1)+̇(
n times︷ ︸︸ ︷

ṙ2×̇ṙ2×̇ . . . ×̇ṙ2)
= α(r1

n)+̇α(r2
n)

= α(r1
n + r2

n)
= α(Qn)
= NQn
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Theorem 3.8. Let z ∈ Rα. Then, the generating functions for the non-Newtonian Pell and Pell-Lucas
numbers are given by

g(z) = z

1̇−̇2̇×̇z−̇z2̇ α (3.27)

and

h(z) = 2̇−̇2̇×̇z

1̇−̇2̇×̇z−̇z2̇ α (3.28)

respectively.

Proof. We prove (3.28). (3.27) can be obtained in a similar manner. Let h(z) be the generating
function of the non-Newtonian Pell-Lucas numbers. Then,

h(z) =
∞

α

∑
n=0

NQn×̇zṅ

Thus, from (3.4),

h(z) =
∞

α

∑
n=0

NQn×̇zṅ

= 2̇+̇2̇×̇z+̇
∞

α

∑
n=2

NQn×̇zṅ

= 2̇+̇2̇×̇z+̇
∞

α

∑
n=2

(2̇×̇NQn−1+̇NQn−2)×̇zṅ

= 2̇+̇2̇×̇z+̇
∞

α

∑
n=2

2̇×̇NQn−1×̇zṅ+̇
∞

α

∑
n=2

NQn−2×̇zṅ

= 2̇+̇2̇×̇z+̇2̇×̇z×̇
∞

α

∑
n=2

NQn−1×̇zṅ−̇1̇+̇z2̇×̇
∞

α

∑
n=2

NQn−2×̇zṅ−̇2̇

= 2̇−̇2̇×̇z+̇2̇×̇z×̇
∞

α

∑
n=0

NQn×̇zṅ+̇z2̇×̇
∞

α

∑
n=0

NQn×̇zṅ

= 2̇−̇2̇×̇z+̇2̇×̇z×̇h(z)+̇z2̇×̇h(z)

Then, it follows that

(1̇−̇2̇×̇z−̇z2̇)×̇h(z) = 2̇−̇2̇×̇z

Hence,

h(z) = 2̇−̇2̇×̇z

1̇−̇2̇×̇z−̇z2̇ α

Remark 3.9. As a generator, if α = I (identity function), the results given in this paper correspond
to known results of classical Pell and Pell-Lucas numbers.

Remark 3.10. As a generator, if α = exp (exponential function), the results given in this paper cor-
respond to geometric identities. These corresponding geometric identities are listed below, respectively.

e2Pn+1+Pn = ePn+2

e2Qn+1+Qn = eQn+2
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ePn+1+Pn−1 = eQn

eQn+1+Qn−1 = e8Pn

eQn+Qn+1 = e4Pn+1

ePn+Pn−1 = e
Qn

2

ePnQn = eP2n

eP 2
n+1+P 2

n = eP2n+1

eP 2
n+1−P 2

n−1 = e2P2n

eQ2
n+1+Q2

n = e8P2n+1

e8P 2
n−Q2

n = e4(−1)n−1

ePm−1Pn+PmPn+1 = ePm+n

ePm−1Qn+PmQn+1 = eQm+n

ePn−1Pn+1+Qn−1Qn+1 = e9P 2
n+3(−1)n−1

eP 2
n−Pn+rPn−r = e(−1)n−rP 2

r

eQ2
n−Qn+rQn−r = e8(−1)n−r+1P 2

r

eP 2
n−Pn+1Pn−1 = e(−1)n−1

eQ2
n−Qn+1Qn−1 = e8(−1)n

e
∑n

r=1 Pr = e
Pn+1+Pn−1

2

e
∑n

r=1 P2r = e
P2n+1−1

2

e
∑n

r=1 P2r−1 = e
P2n

2

e
∑n

r=1 Qr = e
Qn+1+Qn−4

2

e
∑n

r=1 Q2r = e
Q2n+1−2

2

e
∑n

r=1 Q2r−1 = e
Q2n−2

2

ePn = e
r1

n−r2
n

r1−r2
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eQn = er1n+r2n

G(z) = e
ln z

1−2 ln z−(ln z)2

H(z) = e
2−2 ln z

1−2 ln z−(ln z)2

4. Conclusion

In this paper, we introduce and study non-Newtonian Pell and Pell-Lucas numbers. We obtain several
identities and formulas for these numbers. By choosing I (Identity function) as a generator, the
obtained results correspond to known results of classical Pell and Pell-Lucas numbers. Therefore, non-
Newtonian Pell and non-Newtonian Pell-Lucas numbers can be considered generalizations of classical
Pell and Pell-Lucas numbers, respectively. Moreover, just like the non-Newtonian Fibonacci and non-
Newtonian Lucas numbers [42], non-Newtonian Pell and non-Newtonian Pell-Lucas numbers can be
offer an alternative viewpoint in applications such as encryption theory. In future work, considering
those that have not been studied before, the researchers can investigate different types of second-order
and third-order integer sequences in terms of non-Newtonian calculus.
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[17] U. Kadak, Y. Gürefe, A generalization on weighted means and convex functions with respect to
the non-Newtonian calculus, International Journal of Analysis 2016 (2016) Article ID 5416751 9
pages.

[18] A. Özyapıcı, B. Bilgehan, Finite product representation via multiplicative calculus and its appli-
cations to exponential signal processing, Numerical Algorithms 71 (2016) 475–489.

[19] D. Stanley, A multiplicative calculus, Problems, Resources, and Issues in Mathematics Under-
graduate Studies 9 (4) (1999) 310–326.

[20] D. F. M. Torres, On a non-Newtonian calculus of variations, Axioms 10 (2021) Article Number
171 15 pages.
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